Le?L X ana’ y Le m+rtc sFuces) 'F'- X=Y be a -‘:unc‘l'ion, EEX1 PQE', Hm.u.l\. Rose
e say e  bmt as x arlprochar y m E o F(x) is B clenceo! 3.3 14

,!'.':;, ‘F(x)':f or *(x§%7 os x> p
it \/E>0) 3 d>0 suwch ot xeE, 0<dx(x,73)<d' #a’y(‘r(x),?)<5

Remark: F need nit be defined s/‘x:F /uc. a,.LJ core abot  dy (x,p) >0 = x+]>).

Sl?uru n Y

-~
Theorem: et X, ¥, &, pr E be as akve Then l{,’; fy=¢ # Jim Hpl=g Hor ewn
Sequence  {pn] in E  sich that prp ad pop

Froof (=>) Let PPy B*P VneN We assome F(x\—‘vq. as x> p.
/Jz l'llls‘/' S‘AwJ #u* ..’.’::, HPn) =g

Lt €50, 3 d>0 such that
xeE, O0<di(xp)<d =
dy (i3, ) < E.

Bt pa>p. So 3 NeN suh tat
n> N = olX{P,\,F)< &. Thus, n>N
> 0 < JX(M’) <d = o{y (-F(f,.),?)<£
Theelire, 1% F(pa) = .

(@) Cortra Fos'f', re.

Suppose x'f.',: Flx) # g Thn 3 sme £>0 svch Hat ¥ 30,
0< clx[x,P) <d # JY(F(X), ?) 4 E Thes 3 xeE soch +AA7L
0 < o’x(‘x,P\ <& and a,y(\c(x),?) > £




Lej' 6,,_= Ln ﬂen (,Aoore x, € E such 'HA?L
0< Jx (MF) <% and O/y (*:(Xntf)) 2 E
Then. K> Py Xudkp. But ,{":;,-F(xn)a‘g-.
Rzmorlut . !{l_;; 'F(x) is um?,vc
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Let PéESXl F:E>Y. Thn fis cofnvovs dal- PEE if V e>0, 3 450
sich Hat dy(p) < & = dy(¥x),4p)) < €

o fis corﬂ"ihvous Y PeEl we say f s c,on‘l'muous an E.

Theorem : Le,?" P eENE' Then Fis contmuous d‘l‘ P i "I‘"’F fx) = ‘F{f)

Poof  Let fp)=gq in bnt debaon

Remork: F s combmoss on E & Y co»wuaerd' fxﬂéE, !":; £(x) = ‘F(J’,‘; 'x.\).
Thectem: F: XY is contimsces #F  For each open V£V, 'F"(V) EX s opn in X.
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Lot VeY ke ofen. We wsh ts show  Hhat £ = fxex] F{ﬂe\/] is ofen mX.
Lz+ xXe ‘F_'(Vy We s/ou X IS on inTerior ram'} of ‘FJ(V).

xe (V) & Fx)eV. VeYs opn.  So FO) is whriordo V. This 3 &30
such ot Bt‘ (F(x)) €V. Sice f is con'#inunus, 3§50  svch Hat
delup) < & = dy(#,4p) < € So pe Bi(x) = Fp) ev (pe (V)

So x is in-Lm‘on



